MOMENTUM MATH

UNDERSTANDING MOMENTUM MATH: A COMPREHENSIVE GUIDE

MOMENTUM MATH, A CONCEPT OFTEN ENCOUNTERED IN PHYSICS AND INCREASINGLY RELEVANT IN FIELDS LIKE FINANCE AND
ARTIFICIAL INTELLIGENCE, DESCRIBES THE TENDENCY OF AN OBJECT OR SYSTEM TO CONTINUE IN ITS CURRENT STATE OF MOTION.
IN ESSENCE, IT'S ABOUT INERTIA — THE RESISTANCE TO CHANGE IN VELOCITY. THIS ARTICLE WILL DELVE DEEP INTO THE
FUNDAMENTAL PRINCIPLES OF MOMENTUM, EXPLORE ITS MATHEMATICAL FORMULATIONS, AND DISCUSS ITS DIVERSE
APPLICATIONS. WE'LL BREAK DOWN THE CORE COMPONENTS, FROM LINEAR MOMENTUM TO ANGULAR MOMENTUM, AND EXAMINE
HOW THESE CONCEPTS ARE QUANTIFIED AND UTILIZED IN REAL-WORLD SCENARIOS. PREPARE TO GAIN A ROBUST UNDERSTANDING
OF HOW MOMENTUM MATH GOVERNS MOVEMENT AND CHANGE ACROSS VARIOUS DISCIPLINES.
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LINEAR MOMENTUM: THE BASICS

LINEAR MOMENTUM IS ARGUABLY THE MOST FUNDAMENTAL ASPECT OF MOMENTUM MATH. IT'S A VECTOR QUANTITY, MEANING IT
HAS BOTH MAGNITUDE AND DIRECTION, AND IT'S DIRECTLY RELATED TO AN OBJECTIS MASS AND ITS VELOCITY. THINK OF IT AS
THE "ooMPH” AN OBJECT POSSESSES WHEN IT'S MOVING IN A STRAIGHT LINE. A HEAVY TRUCK MOVING SLOWLY CAN HAVE THE
SAME MOMENTUM AS A LIGHT CAR MOVING VERY FAST. THE MORE MASSIVE AN OBJECT IS, AND THE FASTER IT's MOVING, THE
GREATER ITS LINEAR MOMENTUM. THIS CONCEPT IS CRUCIAL FOR UNDERSTANDING HOW OBJECTS INTERACT AND TRANSFER ENERGY
DURING COLLISIONS OR ANY OTHER EVENT WHERE MOTION IS INVOLVED.



(UNDERSTANDING LINEAR MOMENTUM IS KEY TO GRASPING HOW FORCES AFFECT MOTION. A FORCE APPLIED OVER TIME CHANGES
AN OBJECTIS MOMENTUM. CONVERSELY, IF NO NET EXTERNAL FORCE ACTS ON AN OBJECT, ITS LINEAR MOMENTUM REMAINS
CONSTANT = A PRINCIPLE WE'LL EXPLORE LATER AS THE CONSERVATION OF LINEAR MOMENTUM. THIS CONSTANCY IS A
CORNERSTONE OF CLASSICAL MECHANICS AND HAS PROFOUND IMPLICATIONS FOR PREDICTING THE BEHAVIOR OF PHYSICAL
SYSTEMS.

CALCULATING LINEAR MOMENTUM

THE MATHEMATICAL REPRESENTATION OF LINEAR MOMENTUM IS ELEGANTLY SIMPLE. |T IS DEFINED AS THE PRODUCT OF AN
OBJECTIS MASS (M) AND ITS VELOCITY (V) THIS RELATIONSHIP IS EXPRESSED BY THE FORMULA: P = MV, WHERE ‘P’ REPRESENTS
THE LINEAR MOMENTUM. SINCE VELOCITY IS A VECTOR, MOMENTUM IS ALSO A VECTOR, POINTING IN THE SAME DIRECTION AS THE
VELOCITY. IF AN OBJECT IS STATIONARY (VELOCITY = O), ITS MOMENTUM IS ALSO ZERO, REGARDLESS OF ITS MASS.

FOR INSTANCE, CONSIDER A BOWLING BALL WITH A MASS OF & KILOGRAMS MOVING AT A VELOCITY OF 4 METERS PER SECOND
DOWN THE LANE. TS LINEAR MOMENTUM WouULD BE P = (6 kG) (4 M/s) = 24 kG'M/s. IF A TENNIS BALL WITH A MASs of 0.06
KILOGRAMS WERE MOVING AT 400 METERS PER SECOND, ITS MOMENTUM WoulD Bt P = (0.06 k) (400 M/s) = 24 ka'M/s.
BOTH OBJECTS HAVE THE SAME MOMENTUM, ILLUSTRATING HOW MASS AND VELOCITY CAN BE TRADED OFF TO ACHIEVE THE
SAME QUANTITY OF MOTION.

THE IMPULSE-MOMENTUM THEOREM

THE IMPULSE-MOMENTUM THEOREM PROVIDES A CRITICAL LINK BETWEEN FORCE, TIME, AND MOMENTUM. |T STATES THAT THE
IMPULSE APPLIED TO AN OBJECT IS EQUAL TO THE CHANGE IN ITS MOMENTUM. IMPULSE IS DEFINED AS THE PRODUCT OF THE
AVERAGE FORCE (F) ACTING ON AN OBJECT AND THE TIME INTERVAL (AT) OVER WHICH THAT FORCE ACTS. MATHEMATICALLY,
IMPULSE IS REPRESENTED AS | = FAT.

THE THEOREM THEN ASSERTS THATJ = AP, OR FAT = MAV. THIS IS INCREDIBLY USEFUL BECAUSE IT ALLOWS US TO
UNDERSTAND HOW FORCES CHANGE MOTION WITHOUT NECESSARILY KNOWING THE EXACT VELOCITY AT EVERY INTERMEDIATE
POINT. THINK ABOUT HITTING A BASEBALL. A SHORTER, MORE FORCEFUL SWING (LARGE F, SMALL AT) CAN IMPART THE SAME
CHANGE IN MOMENTUM AS A LONGER, LESS FORCEFUL SWING (SMALL F, LARGE AT) THIS IS WHY ATHLETES TRAIN TO APPLY
FORCE EFFECTIVELY OVER THE RIGHT AMOUNT OF TIME TO ACHIEVE THE DESIRED OUTCOME, LIKE SENDING THE BALL FURTHER.

CONSERVATION OF LINEAR MOMENTUM

ONE OF THE MOST POWERFUL PRINCIPLES IN PHYSICS IS THE CONSERVATION OF LINEAR MOMENTUM. THIS LAW STATES THAT IN
AN ISOLATED SYSTEM, WHERE NO EXTERNAL FORCES ARE ACTING, THE TOTAL LINEAR MOMENTUM OF THE SYSTEM REMAINS
CONSTANT. THIS PRINCIPLE IS FUNDAMENTAL TO UNDERSTANDING COLLISIONS, EXPLOSIONS, AND THE BEHAVIOR OF INTERACTING
BODIES.

IMAGINE TWO BILLIARD BALLS COLLIDING ON A FRICTIONLESS TABLE. BEFORE THE COLLISION, EACH BALL HAS ITS OWN
MOMENTUM. DURING THE COLLISION, THEY EXERT FORCES ON EACH OTHER, BUT THESE ARE INTERNAL FORCES WITHIN THE SYSTEM.
ACCORDING TO THE CONSERVATION OF LINEAR MOMENTUM, THE VECTOR SUM OF THE MOMENTA OF THE TWO BALLS BEFORE THE
COLLISION IS EQUAL TO THE VECTOR SUM OF THEIR MOMENTA AFTER THE COLLISION. THIS MEANS THAT EVEN THOUGH THE
INDIVIDUAL MOMENTA OF THE BALLS MIGHT CHANGE DRASTICALLY, THEIR COMBINED MOMENTUM STAYS THE SAME. THIS PRINCIPLE
ALLOWS PHYSICISTS TO PREDICT THE OUTCOMES OF COLLISIONS WITH GREAT ACCURACY, EVEN WHEN THE EXACT FORCES
INVOLVED ARE COMPLEX AND DIFFICULT TO MEASURE.

e THE TOTAL MOMENTUM OF A CLOSED SYSTEM REMAINS CONSTANT.
® THIS APPLIES TO ELASTIC AND INELASTIC COLLISIONS.

e |T'S A FUNDAMENTAL LAW OF NATURE.



ANGULAR MOMENTUM:; ROTATIONAL MOTION

W/HILE LINEAR MOMENTUM DEALS WITH MOTION IN A STRAIGHT LINE, ANGULAR MOMENTUM DESCRIBES THE ROTATIONAL MOTION
OF AN OBJECT OR SYSTEM.JUST AS LINEAR MOMENTUM IS THE PRODUCT OF MASS AND LINEAR VELOCITY, ANGULAR MOMENTUM IS
RELATED TO AN OB_JECTIS MOMENT OF INERTIA (A MEASURE OF ITS RESISTANCE TO ROTATIONAL CHANGE) AND ITS ANGULAR
VELOCITY. IT'S THE ROTATIONAL EQUIVALENT OF LINEAR MOMENTUM AND PLAYS A VITAL ROLE IN UNDERSTANDING SPINNING
OBJECTS, FROM PLANETS ORBITING STARS TO ICE SKATERS PERFORMING SPINS.

ANGULAR MOMENTUM IS ALSO A VECTOR QUANTITY. |TS DIRECTION IS TYPICALLY DEFINED BY THE RIGHT-HAND RULE, INDICATING
THE AXIS OF ROTATION. A SYSTEM WITH A GREATER MOMENT OF INERTIA OR A HIGHER ANGULAR VELOCITY WILL POSSESS
GREATER ANGULAR MOMENTUM. THIS CONCEPT IS ESSENTIAL FOR ANALYZING SYSTEMS WITH ROTATIONAL SYMMETRY AND
PREDICTING HOW THEY WILL BEHAVE WHEN EXTERNAL TORQUES ARE APPLIED.

CALCULATING ANGULAR MOMENTUM

THE CALCULATION OF ANGULAR MOMENTUM DEPENDS ON THE OBJECT'S GEOMETRY AND HOW ITS MASS IS DISTRIBUTED. FOR A
POINT MASS (M) MOVING WITH LINEAR MOMENTUM (P) AT A DISTANCE (R) FROM AN AXIS OF ROTATION, THE MAGNITUDE OF ITS
ANGULAR MOMENTUM (L) 1s GIVEN BY L = R P SIN(©), WHERE © IS THE ANGLE BETWEEN THE POSITION VECTOR (R) AND THE
MOMENTUM VECTOR (P). OFTEN, FOR SIMPLER CASES, R AND P ARE PERPENDICULAR, SO L = RP.

FOR A RIGID BODY ROTATING ABOUT A FIXED AXIS, ANGULAR MOMENTUM IS CALCULATED AS L= |Q, WHERE ‘|’ 1S THE MOMENT
OF INERTIA AND ‘N’ IS THE ANGULAR VELOCITY. THE MOMENT OF INERTIA ‘I IS A SCALAR QUANTITY THAT DEPENDS ON THE
MASS OF THE OBJECT AND HOW THAT MASS IS DISTRIBUTED RELATIVE TO THE AXIS OF ROTATION. FOR EXAMPLE, A SOLID
SPHERE HAS A DIFFERENT MOMENT OF INERTIA THAN A HOLLOW SPHERE OF THE SAME MASS, MEANING THEY WILL RESPOND
DIFFERENTLY TO APPLIED TORQUES. UUNDERSTANDING THESE DISTINCTIONS IS CRUCIAL FOR ACCURATE CALCULATIONS.

CONSERVATION OF ANGULAR MOMENTUM

SIMILAR TO LINEAR MOMENTUM, ANGULAR MOMENTUM IS CONSERVED IN THE ABSENCE OF EXTERNAL TORQUES. THiS PRINCIPLE,
KNOWN AS THE CONSERVATION OF ANGULAR MOMENTUM, IS PERHAPS MOST FAMOUSLY OBSERVED IN THE ACT OF AN ICE SKATER
PERFORMING A SPIN. W/HEN THE SKATER PULLS THEIR ARMS AND LEGS IN CLOSER TO THEIR BODY, THEY DECREASE THEIR MOMENT
OF INERTIA.

SINCE THE TOTAL ANGULAR MOMENTUM MUST REMAIN CONSTANT (ASSUMING NEGLIGIBLE FRICTION FROM THE ICE), THEIR
ANGULAR VELOCITY MUST INCREASE TO COMPENSATE. THIS IS WHY THEY SPIN FASTER. CONVERSELY, EXTENDING THEIR LIMBS
INCREASES THEIR MOMENT OF INERTIA, CAUSING THEM TO SLOW DOWN. THIS PRINCIPLE IS NOT LIMITED TO ICE SKATERS, IT's
FUNDAMENTAL TO THE FORMATION OF GALAXIES, THE STABILITY OF ROTATING MACHINERY, AND THE MOTION OF CELESTIAL
BODIES. |T°S A TESTAMENT TO THE ELEGANCE AND UNIVERSALITY OF MOMENTUM MATH.

APPLICATIONS OF MOMENTUM MATH

THE PRINCIPLES OF MOMENTUM MATH ARE NOT CONFINED TO THEORETICAL PHYSICS CLASSROOMS; THEY PERMEATE A VAST
ARRAY OF PRACTICAL APPLICATIONS THAT SHAPE OUR DAILY LIVES AND DRIVE TECHNOLOGICAL ADVANCEMENTS. FROM THE
WAY WE DESIGN VEHICLES TO THE ALGORITHMS THAT POWER OUR DIGITAL WORLD, MOMENTUM PLAYS A CRITICAL ROLE.

MOMENTUM IN PHYSICS

IN PHYSICS, MOMENTUM MATH IS FOUNDATIONAL. IT'S USED TO ANALYZE EVERYTHING FROM THE RECOIL OF A RIFLE TO THE
TRAJECTORY OF A SPACECRAFT. IN COLLISIONS, IT HELPS ENGINEERS DESIGN SAFER VEHICLES BY UNDERSTANDING HOW MOMENTUM
IS TRANSFERRED AND HOW TO MITIGATE ITS EFFECTS. IN ASTROPHYSICS, THE CONSERVATION OF ANGULAR MOMENTUM EXPLAINS
THE FORMATION OF PLANETARY SYSTEMS AND THE ROTATION OF STARS AND GALAXIES. THE STUDY OF PARTICLE PHYSICS ALSO
RELIES HEAVILY ON MOMENTUM CONSERVATION TO ANALYZE HIGH"ENERGY COLLISIONS.

CONSIDER CAR SAFETY. CRUMPLE ZONES IN VEHICLES ARE DESIGNED TO INCREASE THE TIME OVER WHICH A COLLISION OCCURS.
THIS INCREASES AT IN THE IMPULSE-MOMENTUM EQUATION (FAT = AP), THEREBY REDUCING THE AVERAGE FORCE (F)



EXPERIENCED BY THE OCCUPANTS. W/ITHOUT AN UNDERSTANDING OF MOMENTUM AND IMPULSE, THE SAFETY FEATURES WE RELY
ON WOULD NOT BE POSSIBLE.

MOMENTUM IN FINANCE

|NTERESTINGLY, THE CONCEPT OF MOMENTUM HAS ALSO FOUND A SIGNIFICANT APPLICATION IN THE FIELD OF FINANCE,
PARTICULARLY IN THE DOMAIN OF ALGORITHMIC TRADING AND TECHNICAL ANALYSIS. FINANCIAL MOMENTUM REFERS TO THE
TENDENCY OF AN ASSET’'S PRICE TO CONTINUE MOVING IN ITS CURRENT DIRECTION. TRADERS USE MOMENTUM INDICATORS TO
IDENTIFY ASSETS THAT HAVE A STRONG UPWARD OR DOWNWARD TREND, BELIEVING THAT THESE TRENDS ARE LIKELY TO PERSIST
FOR SOME TIME.

W/HILE NOT A DIRECT APPLICATION OF THE PHYSICS DEFINITION, THE UNDERLYING IDEA IS ANALOGOUS: THAT A SYSTEM (IN THIS
CASE, A MARKET PRICE) TENDS TO CONTINUE ITS CURRENT STATE OF MOTION UNLESS ACTED UPON BY A SIGNIFICANT EXTERNAL
FORCE. THIS INVOLVES ANALYZING HISTORICAL PRICE DATA TO IDENTIFY PATTERNS AND PREDICT FUTURE MOVEMENTS. WHILE
THE UNDERLYING MECHANISMS ARE PSYCHOLOGICAL AND ECONOMIC RATHER THAN PHYSICAL, THE MATHEMATICAL FRAMEW ORKS
OFTEN BORROW FROM OR ARE INSPIRED BY PHYSICS-BASED MOMENTUM PRINCIPLES.

MOMENTUM IN ARTIFICIAL INTELLIGENCE

IN THE REALM OF ARTIFICIAL INTELLIGENCE, PARTICULARLY IN MACHINE LEARNING AND DEEP LEARNING, MOMENTUM IS A CRUCIAL
OPTIMIZATION TECHNIQUE USED TO ACCELERATE THE CONVERGENCE OF ALGORITHMS. W/HEN TRAINING NEURAL NET\WORKS,
OPTIMIZATION ALGORITHMS LIKE GRADIENT DESCENT AIM TO FIND THE MINIMUM OF A LOSS FUNCTION. SOMETIMESI THE LOSS
LANDSCAPE CAN BE COMPLEX, WITH MANY LOCAL MINIMA AND PLATEAUS, CAUSING THE TRAINING PROCESS TO SLOW DOWN OR
GET STUCK.

MOMENTUM IN Al HELPS TO OVERCOME THESE CHALLENGES. |T WORKS BY ADDING A FRACTION OF THE PREVIOUS UPDATE STEP
TO THE CURRENT UPDATE STEP. THIS “MOMENTUM” TERM HELPS THE OPTIMIZER TO “ROLL” THROUGH SMALL LOCAL MINIMA AND
FLAT REGIONS, AND IT ACCELERATES CONVERGENCE IN CONSISTENT DIRECTIONS. |T’S LIKE GIVING THE OPTIMIZATION PROCESS A
BIT OF A PUSH IN THE GENERAL DIRECTION IT'S ALREADY HEADING. THIS ALLOWS MODELS TO TRAIN FASTER AND OFTEN REACH
BETTER SOLUTIONS.

® MOMENTUM IN Al HELPS SPEED UP TRAINING OF MACHINE LEARNING MODELS.
® |T AIDS IN NAVIGATING COMPLEX LOSS LANDSCAPES.

e |T'S A KEY COMPONENT IN OPTIMIZATION ALGORITHMS LIKE GRADIENT DESCENT.

FROM THE GRAND SCALE OF COSMIC MOVEMENTS TO THE SUBTLE OSCILLATIONS WITHIN COMPLEX ALGORITHMS, MOMENTUM
MATH PROVIDES AN INDISPENSABLE FRAMEWORK FOR UNDERSTANDING AND PREDICTING CHANGE. |TS ELEGANT SIMPLICITY BELIES
ITS PROFOUND POWER AND WIDESPREAD APPLICABILITY, CONTINUING TO BE A VITAL TOOL FOR SCIENTISTS, ENGINEERS,
TRADERS, AND Al DEVELOPERS ALIKE. AS WE CONTINUE TO PUSH THE BOUNDARIES OF KNOWLEDGE AND TECHNOLOGY, THE
PRINCIPLES OF MOMENTUM WILL UNDOUBTEDLY REMAIN AT THE FOREFRONT OF OUR ENDEAVORS.

FREQUENTLY AskeD QUESTIONS

QZ \WHAT IS THE FUNDAMENTAL DIFFERENCE BETWEEN LINEAR AND ANGULAR MOMENTUM?

A: LINEAR MOMENTUM DESCRIBES AN OBJECTIS TENDENCY TO KEEP MOVING IN A STRAIGHT LINE, CALCULATED AS MASS TIMES
VELOCITY (P:MV>. ANGULAR MOMENTUM DESCRIBES AN OB_JECTIS TENDENCY TO KEEP ROTATING, CALCULATED AS THE MOMENT
OF INERTIA TIMES ANGULAR VELOCITY (L:|O) THEY ARE ANALOGOUS CONCEPTS BUT APPLY TO DIFFERENT TYPES OF MOTION.



Q: CAN AN OBJECT HAVE ZERO MOMENTUM?

A: YES/ AN OBJECT CAN HAVE ZERO MOMENTUM IN TWO PRIMARY WAYS: IF ITS MASS IS ZERO (\X/HICH IS NOT POSSIBLE FOR
PHYSICAL OBJECTS) OR IF ITS VELOCITY IS ZERO. THEREFORE/ A STATIONARY OBJECT HAS ZERO LINEAR MOMENTUM. SIMILARLYI
A NON-ROTATING OBJECT HAS ZERO ANGULAR MOMENTUM.

Q: WHAT HAPPENS TO MOMENTUM DURING A COLLISION?

A: DURING A COLLISION, THE TOTAL MOMENTUM OF THE SYSTEM OF COLLIDING OBJECTS IS CONSERVED, MEANING IT REMAINS THE
SAME BEFORE AND AFTER THE COLLISION, PROVIDED NO EXTERNAL FORCES ACT ON THE SYSTEM. INDIVIDUAL MOMENTA OF THE
OBJECTS MIGHT CHANGE SIGNIFICANTLY.

Q: Is MOMENTUM A SCALAR OR A VECTOR QUANTITY?

A: MOMENTUM, BOTH LINEAR AND ANGULAR, IS A VECTOR QUANTITY. THIS MEANS IT HAS BOTH MAGNITUDE (HO\X/ MUCH
MOMENTUM) AND DIRECTION. THE DIRECTION OF LINEAR MOMENTUM IS THE SAME AS THE OBJECT,S VELOCITY, AND THE DIRECTION
OF ANGULAR MOMENTUM IS ALONG THE AXIS OF ROTATION.

QI How DOES THE IMPULSE-MOMENTUM THEOREM RELATE TO EVERYDAY EXPERIENCES?

A: THE IMPULSE-MOMENTUM THEOREM EXPLAINS WHY IT’S BETTER TO EXTEND THE TIME OF IMPACT TO REDUCE FORCE, SUCH AS
WHEN CATCHING A BALL BY MOVING YOUR HAND BACKWARD, OR WHY PROTECTIVE GEAR LIKE HELMETS AND AIRBAGS ARE
DESIGNED TO ABSORB IMPACT OVER A LONGER DURATION.

Q: WHY IS THE CONSERVATION OF ANGULAR MOMENTUM IMPORTANT IN SPACE
EXPLORATION?

A: THE CONSERVATION OF ANGULAR MOMENTUM IS CRUCIAL FOR SPACECRAFT MANEUVERS. FOR EXAMPLE, THRUSTERS CAN BE
USED TO CHANGE A SPACECRAFT’S ORIENTATION AND ROTATION WITHOUT SIGNIFICANTLY ALTERING ITS OVERALL TRAJECTORY,
BY CAREFULLY MANAGING ITS ANGULAR MOMENTUM.

QI How 1S MOMENTUM USED IN FINANCIAL TRADING STRATEGIES?

AN FINANCE, “MOMENTUM” REFERS TO THE TENDENCY OF ASSET PRICES TO CONTINUE MOVING IN THEIR CURRENT DIRECTION.
TRADERS USE MOMENTUM INDICATORS TO IDENTIFY TRENDS, BELIEVING THAT ASSETS WITH STRONG RECENT PRICE PERFORMANCE
ARE LIKELY TO CONTINUE THAT PERFORMANCE IN THE SHORT TO MEDIUM TERM.

Q: WHAT ROLE DOES MOMENTUM PLAY IN THE TRAINING OF Al MODELS?

AN A|/ MOMENTUM IS AN OPTIMIZATION TECHNIQUE THAT HELPS GRADIENT DESCENT ALGORITHMS CONVERGE FASTER AND
ESCAPE LOCAL MINIMA. |T DOES THIS BY INCORPORATING A FRACTION OF THE PREVIOUS UPDATE DIRECTION INTO THE CURRENT
UPDATE, SMOOTHING OUT OSCILLATIONS AND ACCELERATING PROGRESS.
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